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CHAPITRE II : NOMBRES COMPLEXES

Correction

On a d’une part

(|Re(z)|+ |Im(z)|)2 = |Re(z)|2 + |Im(z)|2 + 2|Re(z)||Im(z)|︸ ︷︷ ︸
>0

> |Re(z)|2 + |Im(z)|2 = |z|2

de quoi l’on tire |z| 6 |Re(z)|+ |Im(z)|. D’autre part, on a

(|Re(z)| − |Im(z)|)2 > 0⇔ |Re(z)|2 + |Im(z)|2 − 2|Re(z)||Im(z)| > 0

⇔ 2|Re(z)||Im(z)| 6 |Re(z)|2 + |Im(z)|2.

de quoi l’on déduit

(|Re(z)|+ |Im(z)|)2 = |Re(z)|2 + |Im(z)|2 + 2|Re(z)||Im(z)| 6 2(|Re(z)|2 + |Im(z)|2) = 2|z|2.

Il s’ensuit
|Re(z)|+ |Im(z)|√

2
6 |z|.
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